No, we cannot turn around without any breaks. We only should divide one of the black cuboids like below vision show us.     
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I£ I take six of the red cubes I can make this 3 by 2 by 1 cuboid:

I want to surround this with blue cubes to make the 5 by 3 by 2 cuboid below:

Could I build this cuboid by adding on six blue square prisms like the one above
without splitting any of them?

If so, describe how to do it. If not, explain why not, and describe how to arrange the
blue square prisms so that as few as possible need to be split.

I want to surround this with pink cubes to make a 7 by 4 by 3 cuboid. (See Hint for a
picture of this cuboid.)

Could I build it by adding on six pink square prisms like the one above? Do I need to
split any this time?
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Yes, It can be surrounded by six pink square prisms. Again, one of the prisms may be required to divide like below vision show us. 



We can obtain below pattern when we continue to create prisms in a same way. We  should divide one square prism at a time. 
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 (12 + 22) = 5 [image: image6.png]


 3 [image: image7.png]


 2

6 [image: image8.png]


 (12 + 22 + 32) = 7 [image: image9.png]
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 (12 + 22 + 32 + 42) = 9 [image: image12.png]
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 (12 + 22 + 32 + … + n2)  = [image: image15.png](2n+1) x(n+1) xn




In this way, we can calculate quickly to sum of the squares of numbers which are from 1 to n. 

12 + 22 + 32 + … + n2 =[image: image16.png](2n+1) X (n+1) Xn
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12 + 22 + 32 + … + (n+1)2 =[image: image17.png](2n+3) X (n+2) X (n+1)
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