Other pairs that give multiples of 1000 are
60² – 40² = 2000
70² - 30² = 4000
75² - 25² = 5000
80² - 20² = 6000
85² - 15² = 7000
90² - 10² = 8000
All these pairs add up to 100 which is a factor of 1000
You cannot make 9000 with 2 digit numbers
Each time you go up 5 in the 1st number and come down 5 in the 2nd number the answer increases by 1000
Also 60-40=20 add 2 zeros
70-30=40 add 2 zeros
75-25=50 add 2 zeros etc.
Other pairs that give repeated digit answers are
67² - 34² = 3333
56² - 45² = 1111
You can only make the odd repeating numbers with whole 2 digit pairs and you cannot make 9999 with 2 digit numbers
The numbers in the 10’s columns add together to make 9 while the numbers in the unit’s columns add together to make 11
Also 67-34=33 repeat the digit twice more
56-45=11 repeat digit twice more etc
The connection between Jo’s diagram and the calculation is that it shows clearly the difference between the 2 squares
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The diagrams make it more obvious that the formula should be (a-b) x (a+b)
7778 - 2223 = 5555
7778 + 2223 = 10001
5555 x 10001 = 55555555
88889 - 11112 = 77777
88889 + 11112 = 100001
77777 x 100001 = 7777777777

Other ways to make multiples of 1000 are
95² - 45² = 7000
95² - 55² = 6000
These numbers when added together become a factor of the answer
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